NAKANO in his book [3] . H. NAKANO studied these spaces through the properties of these functionals. Above all he defined the uniform properties such as "uniformly simple", uniformly monotone", "uniformly increasing" and "uniformly finite", in his paper [2] .
$0_{\sim}<b\leqq a$ . Definition 2 We $caum$ uniformly semi-singular if for some number $\inf_{\xi 0}\frac{m(\xi a)}{\xi}\geqq\delta\Vert|a\Vert|$ for every $a\in R$ . (1) From the above inequality (1) , it is easy to see that The proof of this theorem is followed easily from Definition 2. We have the dual relation between the uniformly ascending modulars and the uniformly semi-singular ones as in [1] The proofs of the above two theorems are found in [1] Proof. By assumption, there exist positive numbers $n,$ $\epsilon>0$ such that $\Vert|x\Vert|\geqq\epsilon$ implies $m(x)\leqq n\Vert|x\Vert|$ .
Hence we have
Since $\Vert\overline{x}\Vert'=\sup_{||x|^{1}|\leqq 1}|\overline{x}(x)|=\sup_{||x||(=1}|\overline{x}(x)|=\sup_{||x||=1}\{\overline{x}(x)\}$ , we can see that
This shows the assertion.
A dual form of Theorem 8 is If $m$ is monotone complete and $\Vert x\Vert_{\infty}$ is finite for every $x\in R$ , then $\Vert x\Vert_{\infty}$ can be considered a norm on $R$ . Furthermore we have $\Vert|x\Vert|\leqq\Vert x\Vert_{\infty}$ for every $x\in R$ .
Since the second norm $\rfloor||\Vert|$ is complete by virtue of the monotone completeness of $m$ , the second norm $\Vert|\Vert|$ and $\Vert\Vert_{\infty}$ are equivalent to each others,
$\Vert x\Vert_{\infty}\leqq n\Vert|x$ Ul for some number $n>0$ .
2) For the definition of the monotone complete modular, see, [2] Proof. We will prove that for some $n>0$ ,
Suppose that for any integer $n>0$ , there exist a real number $\xi>1$ and $x>0,$ $x\in R$ such that $n\xi m(x)<m(\dot{\sigma}x)$ .
Decomposing $x$ orthogonally, we find the projection operators Proof. Let This fact shows that $\overline{m}$ is uniformly discontinuous. This prove the necessity of the conditions (1), (2) .
Let $\sum_{l}\varphi_{\lambda}(\xi_{l})\leqq 1$ and $x=\{\xi_{l}\}$ .
Then (1) and (2) show that This is a contradiction. Therefore (2) is a necessary condition.
It is easy to see that (1) is also a necessary condition. Suppose that (1) , (2) are satisfied. 
